B noroHe 3a lNuHrsmHom

Aemop sadavwu: Mapus 2Koeosa, paspabomyuru: Baadumup Pabuyn u Januuns Opewnuxos

J1Jtst perteHnst MePBBIX ABYX 110133129 MOYKHO OBbLJIO HAIMMCATH MOJIHBIN 11epebop BO3MOXKHBIX JeHCTBUH.
Bo BTOpOIT I0/133,/1a4€ CJIeI0BAJIO TOMEYATh TOYKU KaK JIOCTUXKUMBIE, U TIPU IO IAHIN B KAKYIO-TO TOYKY
10 BTOPOMY pa3y He mepedbupars JajIbHeIre mepeMerieHs u3 Hee.

JlJtst perieHnst OCTaIbHBIX MO/I3aa4 3aMeTuM cieayomuii paxT. [IycTsh Bcero 6bLIO Clie/IaHo T MIATOB
BIIEpEIl U Y IIArOB BIIPABO, TOIIa CYMMAPHO 38 TaKue IepeMelleHus OLLIO IOTpavdeHo ax + by ToIIuBa.
Takum 0b6pa30M, BCe TOCTUKUMBIE TOYKH MOYKHO OIHUCATH ypaBHeHUeM ax + by < s. 3ajadua CBOIUTCS K
TOMY, YTOOBI HANTH KOJHUYIECTBO IEJOUNCIEHHBIX PEIIEHN TAKOI0 YPaBHEHNSI.

B derBeproii mogzagate mpoxomuT CIEyIOINee perleHne: mnepebepeM KOJUIeCTBO CAEJAHHBIX MIAroB
BIpPaBO f, TOrJa Ha JABMKEHHE MPSIMO OCTaHeTcs S — af TOIINBa, 38 KOTOPOE MOXKHO IOMACTh B TOYKH OT

(f,0) no ( %J ,0). TTocuurars cymmy Takux BeJUYUH 1O BeeM f MOXKHO 3a BpeMst O (EJ)
B Tperneit mos3a/iate MOKHO ObLIO 3aMETUTh, YTO IMPHU TEIbIX § U >
KoopuHaTaMu B Tpeyroabnnke Mexkay toukamu (0,0), (0, |3]) n (|£],0) pauo nosmoBune Touek ¢ me-

3,7), He cuuTas TOYEK HA JMATOHAJIM

KOJIMYEeCTBO TOYEK C IEJIbIMU

JIBIMU KOODJIMHATAMU B HPSIMOYTOJIbHUKE C BEPIINHON B TOUKe (
ax +by=>S5.
Touku B TAKOM IPSIMOYTOJIBHUKE MMOCTUTATH IIPOCTO: UX POBHO (2 + 1) : (% + 1). A TOYKU Ha MArOHAJIH

CJIETYT MeXK, KpafilHUMHU ¢ Imarom | +-—% ) TO €CTh WX KOJIMTYIECTBO PaBHO sged(ab) +1
7y Ay Kp ged(a,b)’  ged(a,b) ) p ab )

Ocrasioch CJI0KUTD U MOJIEJIUTH HoIoJIaM, BpeMs paborsl pemenust — O(1).

J1Jtst perteHnst OCTaBINIUXCA MOATPYII BHUMAaTE/IbHEE PACCMOTPUM (POPMYIIY /i OTBETa, KOTOPYIO I10-
JIYYIJIN paHee:

b

b +...+ b

LSJ"’ s—a s—|2]a

IpescTaBiM Kazxyio apoon | 51| kak 251 — (S_ta)medb. Craraemble 11epBOro Buja o6pa3yioT apud-

METHYECKYIO [Iporpeccuio (3a d, 0603HaunM L%J ):

s Ss—a s—dsa 1
B‘i‘ b +—i—b—b<5(da+1)—a

da(d2+ 1)> .

A ciaraeMble BTOporo Buja 06pa3yIoT HOCJIEI0BATEIBHOCTh OCTATKOB 10 MOJLYJIIO b, HAMMHAIOILYIOCS B
s mod b u nuymiyio ¢ marom —a. MoXKHO 3aMeTUTh, YTO KazKJible Wba’b) HJLYIIUX TIO/IPSiL DJIEMEHTOB TOM
[0C/Ie/J0BATEJHLHOCTH 00pas3ytoT 1epuoJ| u3 ocrarkos Buja (a mod b) + kged(a,b) mius nensix k (npocro
3alUCAHHBIX B JpyroM mopsjke). CyMMy Takoro mepuoja TOXKe MOXKHO IOCYUTATH [0 (hOpMYyJIe TeOMeT-
da+1
b

ged(a,b)
ITocsie ocranercst TOJILKO XBOCT K3 OCTaTKOB, KOTOPbLIX MeEHbIIe, YeM JJIMHa IIepuoia. Ho B Takom

cilydae UX CyMMY MOYKHO IIPOCTO MOCYUTaTh mukiaoM 3a O(b).

PUYECKON IIPOrpeccun, a KOJIUIECTBO NEPUOIOB, KOTOPBIE IIEJINKOM BOWJIYT B OTBET, PABHO

JL71s1 IOJTHOTO pellieHust JOCTATOYHO BBIOPATh ONTUMAJIBLHOE U3 ABYX permtenuii: 3a O (%) u 3a O(b) s
KaXKJI0ro Habopa BXOIHBIX JAHHBIX B 3aBHCHMOCTH OT TOI'O, KaKas M3 JIBYX BEJIUYNH MEHbIIIE.
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